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[1] The 2004 M9 Sumatra-Andaman Earthquake (SAE)
ruptured the interface separating the subducting Indo-
Australian plate from the overriding Burma plate. We
construct finite element models (FEMs) that simulate
deformation of the earthquake for a three-dimensional
problem domain partitioned to account for the distribution
of material properties of the subducting slab, forearc,
volcanic arc, and backarc. We demonstrate a protocol-based
approach for simulating coseismic deformation, in which
FEMs are implemented in inverse models to estimate the
fault-slip distribution of the SAE while simultaneously
honoring the geologic complexity of the subduction zone.
Results suggest that deformation prediction sensitivities
attributed to neglecting the different material properties of
the subduction zone can be more than an order of magnitude
greater than reported uncertainties for near-field GPS
measurements. The FEM-based techniques presented here
allow for geologically satisfying deformation models that
will advance the reliability of modeling-based assessments
of coseismic and postseismic deformation, stress-coupling,
and tsunami genesis. Citation: Masterlark, T., and K. L. H.

Hughes (2008), Next generation of deformation models for the

2004 M9 Sumatra-Andaman earthquake, Geophys. Res. Lett., 35,

L19310, doi:10.1029/2008GL035198.

1. Introduction

[2] The 2004 M9 Sumatra-Andaman Earthquake (SAE)
ruptured a 1200-km-long and 200-km-wide portion of the
boundary separating the subducting Indo-Australian Plate
from the overriding Burma Plate (Figure 1) [Ammon et al.,
2005; Stein and Okal, 2005]. The near-field deformation is
characterized by 34 GPS sites that span the forearc and
volcanic islands parallel to the Sunda trench (auxiliary
material1). The combined magnitude and spatial extent of
the observed SAE deformation provides exceptional oppor-
tunities to quantitatively simulate earthquake deformation.
A generally overlooked, but significant distortion of simu-
lation predictions is tied to the validity of deformation
modeling techniques.
[3] Models provide the linkage between the observed

surface deformation and the source of the deformation –the
fault-slip at depth. While forward models allow us to predict
deformation caused by fault-slip, substantial effort has gone
into the development of inverse models that strive to
quantify fault-slip, based on observed deformation and a
priori forward deformation models. In practice, relatively

little attention is given to the implications of the a priori
forward models and sensitivity analyses of deformation
model assumptions are rare [Masterlark, 2003]. A suitable
deformation model, which includes a self-consistent fault-
slip distribution, is the key to any analysis of coseismic
deformation, tsunami-genesis, postseismic deformation, or
stress-coupling [Freed et al., 2006; Masterlark, 2003;
Sobolev et al., 2007]. The reliability of SAE deformation
interpretations is contingent on three fundamental elements:
the quantity and quality of the deformation data, the
suitability of the inverse scheme, and the validity of the
deformation model, the latter of which is the focus of this
study.
[4] The cold, downgoing slab is the essence of a

subduction zone and its relative stiffness significantly
impacts deformation predictions for megathrust earthquakes
[Masterlark, 2003]. Deformation models for dislocations in
homogeneous elastic half-spaces (HEHS) [e.g., Okada,
1992] are overwhelmingly implemented to describe, assess,
and interpret observed deformation of the SAE [Han et al.,
2006; Nalbant et al., 2005; Vigny et al., 2005]. Alternatively,
models that simulate horizontally layered elastic half-spaces
(LEHS) are implemented to simulate an assumed layered
structure of the Earth [Chlieh et al., 2007; Subarya et al.,
2006]. Both of these models ignore the known presence,
geometric complexity, and significance of the relatively stiff
subducting slab.
[5] FEMs permit us to simulate variable slip along fault

surfaces embedded in a problem domain that accounts for
the juxtaposition of the stiff, dipping subducting slab and
relatively compliant overriding plate, as well as the material
property variations of the forearc, volcanic arc, and backarc
regions. Furthermore, FEMs are readily implemented in
linear inverse analyses of observed deformation due to the
fault-slip of an earthquake [Masterlark, 2003; Schmitt et al.,
2007]. In spite of these known capabilities, FEMs are rarely
invoked for inverse analyses of static earthquake deforma-
tion. We provide methods to replace standard HEHS and
LEHS models that are computationally efficient, but poorly
represent the geologic complexity of the subduction zone,
with computationally intensive FEMs that can readily pro-
vide geologically satisfying configurations for the SAE. The
inability to reliably predict recent events triggered by the
SAE fault-slip reflects the need to pursue better deformation
models. The integration of geology into deformation model-
ing methods is a critical and necessary advancement toward
more reliable predictions and early warning systems for
earthquake stress-coupling [Masterlark, 2003] and tsunami-
genesis [McCloskey et al., 2008].

1Auxiliary materials are available in the HTML. doi:10.1029/
2008GL035198.
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[6] The remainder of this paper is organized into three
sections. First, the main body introduces the FEM-based
deformation modeling protocol and describes its implemen-
tation for the SAE. We present a fault-slip distribution for
the SAE that is calibrated to GPS data for a deformation
model that honors the know structure of the subduction
zone. We then present a discussion of the results and
implications of the protocol-based modeling and how the
predictions differ from those of standard deformation mod-
els. This discussion includes several possibilities for im-
proving the model through reassessment, a concept that is
central to protocol-based modeling. Finally, we present
conclusions and recommendations.

2. Deformation Modeling Protocol

[7] Inspired by the formal protocol that standardizes
groundwater modeling analyses [Anderson and Woessner,

1992], we introduce a deformation modeling protocol to
guide and test the model design and ensure the deformation
model adequately represents the natural system (Figure 2a).
FEM-based techniques are embedded in the modeling
protocol and allow us to estimate the fault-slip distribution
and predict near-field deformation, while simultaneously
honoring the known geologic complexity associated with
the SAE. This protocol calls for reassessment at any stage,
in which the model either fails to adequately represent the
known problem domain constraints or effectively predict
observations. This call for reassessment and ability to
implement improvements in deformation model configura-
tions via FEMs is a significant departure from standard
HEHS-based analyses, for which the fault geometry and slip
are the only permissible variations.
[8] The design of the conceptual model is the foundation

of the deformation modeling protocol and therefore a fun-
damental consideration for predicting earthquake deforma-
tion. Implications of the conceptual model propagate
throughout the modeling analysis and shape predictions
and interpretations. Our conceptual model of the SAE relates
near-field coseismic deformation to the fault-slip distribution
as the mechanical response of a three-dimensional elastic/
poroelastic problem domain to an embedded dislocation. The
deformation is static and undrained, that is, the deformation
that remains after dynamic wave propagation, but prior to
postseismic fluid flow in the brittle crust and viscoelastic
flow of the mantle. A representative cross-section of the
subduction zone is constructed as an 800-km-long trench-
normal slice through the Sumatra region (Figure 2b). Seis-
micity data [Engdahl et al., 2007] constrain the geometry of
the subducting slab. The fault-slip of the SAE occurs along
the interface separating the subducting slab, consisting of
lithospheric mantle capped by mid-oceanic ridge basalt, and
the overriding forearc and upper mantle wedge [Kieckhefer et
al., 1980; Kopp and Kukowski, 2003; Kopp et al., 2002].
Geologic maps and cross-sections of Sumatra [Barber et al.,
2005; Kopp and Kukowski, 2003; Kopp et al., 2002] guide
the configuration of the volcanic arc and backarc basin of the
overriding plate. This two-dimensional cross section is swept
through the curving strike of the Sunda trench from northern
Sumatra through the Andaman Islands to produce a three-
dimensional model (Figure 2c). A limitation of this config-
uration is the constant cross-section along the trench, which
does not account for along-strike variations associated with
the transition of island arc volcanism in Sumatra to the back-
arc spreading in the Andaman Basin (Figure 1) [Curray,
2005]. This additional complexity will be addressed in future
modifications to the model configuration.
[9] All FEMs in this study are constructed with Aba-

qus (http://www.simulia.com) and solve the elastic and
poroelastic governing equations [Wang, 2000] over the
three-dimensional problem domain. The free surface at
the top of the problem domain represents the Earth’s
surface. The top of the simulated oceanic crust represents
a flat seafloor having a reference elevation of zero. The
free-surface along the toe of the thrust includes a transi-
tion from the seafloor to the top surface of the overriding
continental plate, which has a simulated reference eleva-
tion of 4 km. More detailed relief significantly affects
neither deformation predictions nor fault-slip estimations
[Masterlark, 2003]. The lateral boundaries and base of

Figure 1. Seismotectonic setting. The Havard CMT focal
mechanism overlies the epicenter of the SAE. Aftershock
epicenters (red dots) illuminate the surface projection of the
rupture (http://neic.usgs.gov), which initiated on the south-
east portion of the fault and propagated 1200 km northward.
Yellow triangles are near-field GPS sites, summarized in
Table S1. The tectonic configuration is modified from Bird
[2003] and overlies a shaded relief image of global relief
data (http://www.ngdc.noaa.gov).
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the problem domain have zero displacement. We simulate
fault-slip by imposing kinematic constraint equations
[Masterlark, 2003] for 165 fault-patches along the curving
rupture interface (auxiliary material). The converging
plates are welded together along the non-slipping portions
of the plate boundary. The initial conditions are equilibri-
um, therefore deformation, stress, and pore pressure pre-
dictions are incremental changes with respect to the state
of the system prior to the fault-slip. Material properties are
taken from compilations of elastic [Turcotte and Schubert,
1982] and poroelastic [Wang, 2000] rock properties. The
FEM validation for using kinematic constraint equations to
simulate elastic dislocations is described in the auxiliary
material.
[10] For a system of multiple displacement observations

and a distribution of fault-slip patches along the rupture, the
net displacement for a given GPS site is the superposition of
contributions from each fault-patch. Green’s functions for
displacement are calculated by predicting displacement
caused by unit slip over a given fault-patch while simulta-
neously welding the remaining fault-patches. We implement
an algorithm that systematically generates the unit slip and
welding configuration over the rupture, executes the model,
and extracts the Green’s functions for both thrust and strike-
slip components for each fault-patch. We invert the resulting

system of linear equations to estimate the distribution of
fault-slip (auxiliary material). Results suggest that more
than 20 meters of fault-slip occurred along the southern
two-thirds of the rupture (Figure 3a). This band of slip is
generally deeper along the southern end of the rupture and
becomes shallower to the north. The thrust component
dominates along the entire rupture. The right-lateral strike-
slip component is minimal along the southern end and
increases northward. This calibrated FEM, loaded by this
fault-slip distribution, adequately predicts the observed GPS
deformation (Figure 3).

3. Discussion

[11] We modify the FEM to simulate an HEHS to test the
sensitivity of deformation predictions to the distribution of
material properties. Green’s functions are calculated and
assembled for this HEHS and a fault-slip distribution is
estimated with the same inverse scheme. The general
magnitude of the estimated fault-slip distribution for the
HEHS is somewhat reduced compared to that of the
heterogeneous FEM (Figure 3b). The differences are most
pronounced west of Northern Sumatra and GPS displace-
ment sensitivities to the distribution of material properties
are significantly greater than GPS measurement uncertain-

Figure 2. Protocol-based deformation model for the SAE. (a) Protocol. The protocol ensures that the modeling
progression honors the available information and provides a mechanism for iterative reassessment. (b) Conceptual model.
This design includes geologic constraints discussed in the text. (c) FEM design and configuration. The FEM comprises
about 340,000 elements. The exploded view reveals the likeness of the FEM to the geologic structure of the conceptual
model. Neither the HEHS nor the LEHS configuration (bottom right) accounts for the relatively stiff subducting slab and
associated structures shown in the conceptual model.
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ties (Figure 3c). In spite the differing estimated fault-slip
distributions, both the FEM and HEHS models predict the
GPS deformation equally well, as shown by the residual in
Figure 3c and discussed in the auxiliary material. Although
both models can predict the observed coseismic deforma-
tion data, forward model predictions for tsunami genesis
and stress-coupling processes that are driven by the differ-
ing estimated fault-slip distribution may vary significantly,
due to the magnitude and spatial extent of the fault-slip
differences [Masterlark, 2003; McCloskey et al., 2008;
Sobolev et al., 2007]. Thus, the validity of a given SAE
deformation model configuration will influence the associ-
ated interpretations of forward model predictions.
[12] The verification step is an assessment of the model’s

predictive reliability. In this step, we test if the model
successfully predicts data that are independent of the
calibration process. Coral measurements and optical remote
sensing observations characterize the vertical deformation
pattern of the SAE along a sinuous, trench-parallel trajec-
tory [Meltzner et al., 2006]. Vertical deformation predictions
from the calibrated FEM generally agree with these data
(Figure 3d). The minor departure of our predicted axis of
zero vertical deformation separating the near-field uplift and
subsidence near the Andaman Islands may be a result of the
constant trench-normal cross-section configuration of the
FEM. Future work will investigate alternative model con-
figurations that account for the along-strike variations in
geometry and material properties.
[13] The predicted vertical deformation substantially

underestimates the seafloor uplift near the trench that is
required for models of tsunami genesis [Geist et al., 2007;
Ioualalen et al., 2007]. One way to resolve this problem is
to increase the seafloor uplift by imposing a penalty
function that favors shallow fault-slip in the inverse analysis
[Menke, 1989]. However, there is no obvious physical basis
for this ad-hoc constraint that would be at odds with
seismologic data [Ammon et al., 2005]. Alternatively, we
can approach this discrepancy by revising the conceptual

model to include splay faults in the toe of the thrust [Kopp
and Kukowski, 2003] or a partitioning of the forearc into a
more refined distribution of stiff and compliant regions,
such that the fit to the GPS data is optimized while
simultaneously increasing the near-trench uplift. Both of
these configurations are supported by geologic and geo-
physical data [Fisher et al., 2007; Kieckhefer et al., 1980;
Kopp et al., 2002]. This reassessment of the conceptual
model design is another avenue toward future improve-
ments of the model configuration.
[14] The real power of FEM-based analyses lies in their

ability to predict not only the coseismic deformation of the
earthquake, but to simulate multiple postseismic deforma-
tion processes that are driven by fault-slip. We entered the
protocol with the purpose of simulating the coseismic
deformation of the SAE. Consequently, the FEM is cali-
brated and verified for the static coseismic deformation of
the SAE and was not designed to simulate the ongoing
postseismic deformation that is observed with GPS data
[Chlieh et al., 2007]. Because of this additional information,
the protocol requires a reassessment of our fundamental
purpose, which will address postseismic processes that are
driven by the coseismic fault-slip. This reassessment is
within the domain of the protocol and FEM capabilities
and yet another direction for future improvements of SAE
deformation models. The FEM-based protocol treats defor-
mation modeling as a dynamic process that is continuously
subject to iterative improvements in an effort to better
simulate the natural deformational system and ultimately
provide reliable deformation predictions.

4. Conclusions

[15] We demonstrate an approach, in which geologically
satisfying FEMs are implemented in both forward and
inverse models of coseismic deformation for the SAE.
The FEM-based techniques, embedded in the modeling
protocol, provide powerful tools to explore various aspects

Figure 3. Calibration. (a) FEM. (b) HEHS. (c) Model-dependent prediction errors. The model-dependent sensitivity of
displacement predictions is illustrated by loading the FEM with the difference between the estimated FEM and HEHS slip
distributions. This sensitivity is significantly greater than GPS measurement uncertainties, shown as 1s ellipses. The fault-
slip distribution shown here is the difference between fault-slip distributions estimated for the FEM and HEHS models.
(d) Coseismic vertical deformation, FEM. White circles correspond to locations of predicted vertical displacement extremes.
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of coseismic fault-slip, while simultaneously honoring the
rich geologic complexity associated with a subduction zone.
The call for reassessment and the ability to explicitly
modify deformation model configurations accordingly, is a
fundamental advancement in assessments of earthquake
deformation. Estimations of the fault-slip distribution and
near-field deformation for the SAE, based on HEHS and
LEHS model predictions, are significantly distorted, a result
that propagates into interpretations of SAE deformation.
The methods presented here can rectify these distortions and
lead to more accurate interpretations and inferences in
future modeling-based assessments of coseismic deforma-
tion, postseismic deformation, stress-coupling, and tsunami
genesis.

[16] Acknowledgments. This work is supported by NASA under
award NNX06AF10G. Academic licensing for Abaqus software is provided
by Simulia, Dassault Systèmes.
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Masterlark, T., and K. L. H. Hughes (2008), Next generation of deformation models 
for the 2004 M9 Sumatra-Andaman earthquake, Geophys. Res. Lett., 35, L19310, 
doi:10.1029/2008GL035198. 
 
Introduction 
 
These auxiliary materials contain near-field GPS data for the 2004 M9 Sumatra-
Andaman Earthquake, an explanation of the finite element model (FEM) validation, 
and details of the fault-slip calibration (inverse) methods. The GPS data are 
tabulated in Table S1. The validation and calibration are described in Text S1. 
Supporting figures for Text S1 are Figure S1 (validation) and Figure S2 
(calibration). 
 
1. 2008gl035198-ts01.txt  
Coseismic deformation data for 34 near-field GPS positions. 
1.01 Column 'Site', Name of GPS station. 
1.02 Column 'Lon', degrees, Longitude of GPS site East of Greenwich. 
1.03 Column 'Lat', degrees, Latitude of GPS site North of equator. 
1.04 Column 'u_East', meters, East component of displacement. 
1.05 Column 'u_North', meters, North component of displacement. 
1.06 Column 'u_up', meters, Vertical component of displacement. 
1.07 Column 'e_East', meters, East component of displacement error, 1 sigma. 
1.08 Column 'e_North', meters, North component of displacement error, 1 sigma. 
1.09 Column 'e_up', meters, Vertical component of displacement error, 1 sigma. 
1.10 Column 'Source' Source of deformation data, 1=Subarya et al. [2006], 
2=Gahalaut et al. [2006]. 
 
2. 2008gl035198-txts01.txt 
Supplementary information for validation and calibration methods. 
 
3. 2008gl035198-fs01.eps  
Validation. Vertical and horizontal predictions for deformation are calculated 
using an FEM (dots) and an HEHS (lines) [e.g, Okada, 1992]. The simulated fault 
intersects the free surface and dips 12 degrees to the East over a length of 225 
km. A unit of pure thrust is applied over the entire fault. 
 
4. 2008gl035198-fs02.eps  
Calibration. L-curves [Aster et al., 2004] reveal the trade-off between misfit and 
solution roughness for the FEM (black dots) and HEHS model (gray dots). The 
weighted misfit for the FEM is unity for beta^2=0.013 and the preferred solution, 
where ^ denotes a superscript. The solutions for the FEM have slightly better 
misfit and smoothness characteristics compared to corresponding HEHS solutions. 
For purposes of comparison between the FEM and HEHS models, the preferred solution 
for both models is beta^2=0.013. Large circles highlight alternative solutions for 
corresponding misfit, roughness, or smoothing between FEM and HEHS models. 
Resulting fault-slip distributions are shown in Figure 3 of the article text. 
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2008GL035198-ts01.txt (Table TS1) Coseismic deformation data for 34 near-field GPS 
positions. 
 
Coseismic deformation of the 2004 M9 Sumatra-Andaman Earthquake, measured for 34 
near-field GPS positions. Displacements (u) and corresponding 1-sigma measurement 
uncertainties are given in meters.Data taken from sources: 1=Subarya et al. [2006] 
and 2=Gahalaut et al. [2006]. 
 
site Lon   Lat   u_East  u_North  u_up   e_East e_North e_up   source 
 
bm12 98.9449  2.64259 -0.0890 -0.0198 -0.0805 0.0666 0.0238 0.0733 1 
d962 97.4465  1.68602 -0.0332 -0.0270 -0.0535 0.0649 0.0253 0.0558 1 
D972 96.6245  2.17441  0.0100 -0.0246 -0.5710 0.0669 0.0649 0.0669 1 
jahe 98.5075  3.14524 -0.2031 -0.0218  0.0053 0.1079 0.0882 0.0899 1 
k504 95.2435  5.43378 -2.1140 -1.7634 -0.1717 0.1057 0.0882 0.0597 1 
K505 95.2716  5.48000 -2.0675 -1.7455 -0.0611 0.1034 0.0873 0.0807 1 
K515 95.4873  5.56851 -1.6599 -1.3420 -0.0462 0.0830 0.0671 0.0637 1 
LANG 97.9999  4.42753 -0.3681 -0.0989 -0.0119 0.0411 0.0426 0.0608 1 
LHOK 97.1585  5.08665 -0.5779 -0.2190  0.0765 0.0434 0.0478 0.1054 1 
MART 98.6823  2.52419 -0.1448 -0.0127 -0.1228 0.0414 0.0240 0.0869 1 
NIND 98.7506  2.72953 -0.1312 -0.0065 -0.4546 0.0326 0.0230 0.0916 1 
PAND 98.8188  1.67586 -0.0411 -0.0355 -0.0264 0.0418 0.0397 0.0277 1 
PIDI 95.9333  5.33080 -1.3993 -0.9557  0.0354 0.0405 0.0388 0.0490 1 
PISU 99.1472  2.44756 -0.0825 -0.0143 -0.0129 0.0277 0.0311 0.0617 1 
SIPA 99.0890  2.10263 -0.1027 -0.0586 -0.1144 0.0662 0.0631 0.0699 1 
TIGA 98.5622  2.91856 -0.1426 -0.0041  0.0452 0.0228 0.0236 0.0305 1 
R171 95.3877  2.95996 -3.8209 -4.3221  2.0988 0.0859 0.2161 0.0458 1 
R173 95.5183  4.60702 -2.8537 -2.3763 -0.6010 0.1427 0.1188 0.0420 1 
R174 95.3654  4.84193 -2.7719 -2.4143 -0.5838 0.1386 0.1200 0.0841 1 
R175 95.2030  5.24116 -2.4349 -2.0761 -0.2266 0.1217 0.1038 0.1211 1 
R176 95.0572  5.71287 -2.1745 -1.7109 -0.1421 0.1087 0.0855 0.0908 1 
ABAY 93.0270 13.27800 -3.9000 -2.7100  0.4900 0.0400 0.0100 0.0500 2 
EAST 93.0470 13.63100 -3.6200 -2.5100  0.9600 0.0400 0.0200 0.0700 2 
LONG 92.9320 12.37600 -1.9600 -1.1000 -0.4800 0.0200 0.0100 0.0600 2 
UGRH 92.7730 12.21600 -2.3900 -1.6600 -0.3600 0.0200 0.0100 0.0500 2 
GOVI 92.9830 12.03600 -1.3600 -0.9500 -0.1800 0.0500 0.0200 0.0200 2 
PBLR 92.7210 11.64900 -3.0700 -1.0300 -0.9600 0.0200 0.0100 0.0600 2 
PASG 92.6760 11.17800 -2.9100 -1.1900 -0.7100 0.0200 0.0100 0.0500 2 
HBAY 92.5690 10.69600 -3.2700 -2.6500 -0.2600 0.0100 0.0100 0.0200 2 
CARN 92.8040  9.22500 -5.7600 -2.9500 -1.1100 0.0100 0.0100 0.0100 2 
TERE 93.1240  8.30200 -5.8600 -3.0600 -2.8500 0.0200 0.0100 0.0400 2 
KARD 93.5490  8.03600 -3.9700 -1.7200 -1.3500 0.0200 0.0100 0.0400 2 
MERO 93.5410  7.51400 -4.9100 -2.8400 -2.1600 0.0200 0.0100 0.0500 2 
CAMP 93.9340  7.00400 -4.1000 -2.3600 -1.6000 0.0200 0.0100 0.0300 2 
 
Gahalaut, V.K., B. Nagarajan, J.K. Catherine, and S. Kumar (2006), Constraints on 
2004 Sumatra-Andaman earthquake rupture from GPS measurements in Andaman-Nicobar 
Islands. Earth and Planetary Science Letters 242, 365-374. 
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1. Validation 
Model validation is a necessary and critical step in the modeling process 
[Anderson and Woessner, 1992]. There are many ways to simulate slip along a fault. 
Because we are treating the fault-slip as an elastic dislocation, we test the 
validity of the FEM configuration to ensure it is a correct representation of an 
elastic dislocation. This validation allows us to isolate the sensitivities of 
predictions to the distribution of material properties, rather than some other 
artifact of the FEM configuration. To perform the validation, we construct a 
modified version of the FEM that has uniform material properties and a unit of 
pure fault-slip imposed over all fault patches. A profile of displacement 
predictions for the free surface is extracted from a trench-normal section that 
trends East-West and corresponds to about 10 degrees N Latitude. The predicted 
displacements agree with the corresponding predictions for a two-dimensional  
homogeneous elastic half-space (HEHS) [e.g., Okada, 1992] (Figure S1). The 
differences are subtle and likely caused by a combination of the finite extent of 
the FEM problem domain, the along-strike curvature of the simulated rupture, and 
the raised free surface of the overriding plate. 
 
2. Calibration 
Quasi-static fault-slip can be simulated with an FEM as the dislocation of a node-
pair, implemented via kinematic constraint equations [Masterlark, 2003; Smith, 
1974]. The curved surface of the rupture comprises an assembly of node-pairs along 
an internal boundary of the FEM problem domain. A vector of Green's Functions 
(GFs) is calculated by predicting the displacement of n GPS site positions caused 
by a unit dislocation for a given node-pair while simultaneously welding the 
remaining node-pairs. A matrix of GFs for the entire suite of m node-pairs is 
assembled by implementing an algorithm that systematically generates an FEM that 
has the unit dislocation and welding configuration over the rupture, executes the 
FEM, and extracts the predicted displacements caused by the dislocation of each 
node-pair. The forward solution for elastic deformation due to a distribution of 
dislocating node-pairs is: 
 
 G s = d (1) 
 
where G is an matrix of GFs; s is a vector of dislocations; and d is a 1Xn column 
vector of displacements. For both down-dip (dd) and strike-slip (ss) dislocations, 
G=(G_dd,G_ss) and has dimensions of 2mXn. The underscore denotes subscripts. 
Similarly, the dislocation vector has dimensions 2m and m=(m_dd m_ss)^T, where ^ 
denotes a superscript and ^T denotes the transpose operator. Each coefficient G_ij 
represents the contribution to the displacement of d_j due to unit dislocation of 
node-pair s_i. Most importantly, this matrix of FEM-generated GFs is readily  
calculated for inverse analyses of deformation data for dislocations within a 
subduction zone [Masterlark, 2003]. Thus, FEMs permit us to simulate variable 
dislocations along fault surfaces embedded in a problem domain partitioned for the 
distribution of geologic material properties expected for the subduction zone. 
 We apply linear inverse methods to estimate the unknown slip distribution 
of the SAE, based on observed near-field GPS data (Table TS1). We partition the 
curved rupture surface into a 25 (along-strike) X 7 (down-dip) grid of 



quadrilateral slip patches. Each patch comprises four node-pairs sharing slip 
characteristics. We then recast (1) into a forward model that when inverted, 
simultaneously 1) Estimates the slip distribution that minimizes misfit to GPS 
data, 2) Damps spurious solution oscillations, and 3) Accounts for the relative 
uncertainties of the GPS data. First, we pre-multiply (1) to account for the 
relative uncertainties of the data 
 
 WG s = Wd = G_w s = d_w (2) 
 
where W is a diagonal data weighting matrix constructed from reported GPS 
measurement uncertainties, W_ii = 1/sigma_i, (Table TS1). Second, we reconfigure 
(2) using second-order Tikhonov regularization to damp the null space of the data 
kernel [Aster et al., 2005] 
 
 
[(G_w)^T+beta^2 L^T L]s=(G_w)^T d_w  and L = | L_dd  0    |          (3) 
                                             | 0     L_ss | 
 
where L is a 2mX2m matrix of coefficients for the finite difference approximation 
of the Laplacian operator. The boundaries of the rupture surface have dirichlet 
(null) boundary conditions, which favor a smooth transition from slip to no-slip 
along the boundaries of the rupture [Wang and Anderson, 1982]. The down-dip and 
strike-slip sub-matrices of L are independent of one another but share the 
boundary condition specifications. The regularization parameter beta controls the 
tradeoff between minimizing misfit and satisfying the Laplacian smoothing. The  
least-squares solution to (3) is 
 
s=inverse[(G_w)^T G_w + beta^2 L^T L]  (G_w)^T d_w       (4) 
 
We solve (4) by sweeping through beta parameter space to find optimal solutions 
for s.  
 The least squares solution scheme simultaneously minimizes both prediction 
misfit and the roughness of the slip distribution for a given value of beta. 
Misfit is defined as the weighted prediction error, e^T W e, where e is the 
residual vector and the solution roughness is defined as s^T L^T L s. The value of 
beta controls the trade-off between misfit and roughness. As beta vanishes, the 
misfit is null but the fault-slip distribution is relatively rough. Conversely,  
as beta goes to infinity, the misfit becomes extreme but the fault-
slipdistribution is smooth. We construct an L-curve [Aster et al., 2004] to 
determine the optimal fault-slip distribution, where the weighted misfit is unity 
[Gubbins, 2004] (Figure S2). This is the preferred solution.  
 
 
SI figure captions 
 
Figure S1. Validation. Vertical and horizontal predictions for deformation are 
calculated using an FEM (dots) and an HEHS (lines) [Okada, 1992]. The simulated 
fault intersects the free surface and dips 12 degrees to the East over a length of 
225 km. A unit of pure thrust is applied over the entire fault. 
 
Figure S2. Calibration. L-curves [Aster et al., 2004] reveal the trade-off between 
misfit and solution roughness for the FEM (black dots) and HEHS model (gray dots). 
The weighted misfit for the FEM is unity for beta^2=0.013 and the preferred 
solution. The solutions for the FEM have slightly better misfit and smoothness 
characteristics compared to corresponding HEHS solutions. For purposes of 
comparison between the FEM and HEHS models, the preferred solution for both models 



is beta^2=0.013. Large circles highlight alternative solutions for corresponding 
misfit, roughness, or smoothing between FEM and HEHS models.  
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